We investigate the relationship between the shadowing property for continuous maps on a compact metric space and that for the shift maps on the inverse limit spaces. As an example, we show that the shift map of some pseudoarc has the shadowing property.
Definitions and the main result
Let (I, d) be a compact metric space and f:X->X be continuous. The metric d induces a topology that is equivalent to the relative product topology of FJÍ=o ^¡ with I, = I restricted on (I ; / ). A general discussion on the dynamical properties of the inverse limit spaces is contained in [15, 17] .
Given ô > 0, a sequence xq , ... , xn , ... of points in I is a ö-pseudo-orbit of / if rf(x"+i, fix")) < ô for every n = 0, I, ... .
For a given positive number e > 0, a sequence {xo, ... , x", ...} of points in I is e-shadowed under / provided that there exists y £ X satisfying dixn,f"iy))<e forallzz>0.
The shadowing property of f on (I, d) means that for any e > 0 there exists ô > 0 such that every ¿-pseudo-orbit is e-shadowed. The earlier work on the shadowing property for diffeomorphisms and continuous maps includes [1-11, 13-14, and 16 ].
Here we introduce a new concept. Definition 1.1. / has the asymptotically shadowing property if for every e > 0 there exist a real number ô > 0 and an integer A > 0 such that for any ¿5-pseudo-orbit {xo, ... , xn, ...} , {xn , x^+i, ■■■} is e-shadowed.
By the definition, the shadowing property of / implies the asymptotically shadowing property of /, but the converse is not ture (see Example 4.2) . It is clear that the asymptotically shadowing property is preserved by a topological conjugacy and that for a continuous map / on a compact metric space and any positive integer zz, / has the asymptotically shadowing property if and only if /" has the asymptotically shadowing property. As an equivalent definition, we have In §2 we will prove Proposition 1.2. In §3 we will prove Theorem 1.3, and in §4 we will use Theorem 1.3 to show the shift map of the pseudoarc that was constructed by Henderson [ 12] has the shadowing property. 
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The shadowing property for pseudoarcs
A direct application of Theorem 1.3 is to show that the shift map of some pseudoarc has the shadowing property.
Let I be a continuum. We say that I is chainable if for any e > 0 there are finitely many open sets whose diameters are smaller than e, say efx,cf2, ... ,cf", which covers I and cf¡ V\cfj^0 iff |i -j\ < 1. I is also called snakelike. We say that I is decomposable if I can be written as the union of two proper subcontinua. If I is not decomposable, the I is indecomposable. X is hereditarily indecomposable if each of its subcontinua is indecomposable. A pseudoarc is a continuum that is homeomorphic to a hereditarily incomposable chainable continuum. It is known that the inverse limit spaces of the maps on the interval are chainable. The inverse limit space of some maps on the interval can be a pseudoarc.
In this section, we consider the map on [0,1] constructed by Henderson [12] to exhibit a pseudoarc as its inverse limit space. According to [12] Notice that .£ does not have the shadowing property since for any ¿ > 0 there exists a ¿-pseudo-orbit from 0 to 1, but there is no true orbit crossing through c to the other side.
We show that fc has the asymptotically shadowing property. 
